F RQYHUJ HQF H LQ GLVWULEXWLRQ=Z RUNHG H[ DP SOHV

H[ DP SOH 4= Frqwlqxrxvudqgrp yduldeoh ♭ z lwk udqjh ^ ≤ +3>q‘ iruq A 3 dqg fgi I_{f ⋆} +ı, @4∗ ) 4∗ ı q [_⋆ 3 ⋆ ı ⪰ q dqg ˝hur rwkhuz lvh1 Wkhq dvq ↔ △ / ^ ≤ +3>△ ,/ dqg irudooı A 3 I_{f ⋆} +ı, ↔ 4∗ h^{∋ ϱ} ≜ I_{f ⋆} +ı, ↔ I_f +ı, @4∗ h^{∋ ϱ} dqg khqfh ♭_⋆^⌢↔ ♭ z khuh ♭ ⊃ Hısrqhqwldo+4,

x

P ro b.

0 1 2 3 4 5 6 0. 0

0. 2

0. 4

0. 6

0. 8

1. 0 F(x)=1-(1-x/n)^n as n -> 6

H[ DP SOH 5= Frqwlqxrxvudqgrp yduldeoh ♭ z lwk udqjh ^ ≤ +3>△ , dqg fgi I_{f ⋆} +ı, @ ] 4∗ 4 4. qı ⌊_⋆ 3 ⋆ ı ⋆ △ dqg ˝hur rwkhuz lvh1 Wkhq dvq ↔ △ / irudooı A 3 I_{f ⋆} +ı, ↔ h^{∋ �⇀ϱ} ≜ I_{f ⋆} +ı, ↔ I_f +ı, @h^{∋ �⇀ϱ}

x

P ro b.

0 2 4 6 8 10 0. 0

0. 2

0. 4

0. 6

0. 8

1. 0 F(x)=(1-1/(1+nx))^n as n -> 20

H[ DP SOH 6= Frqwlqxrxvudqgrp yduldeoh ♭ z lwk udqjh ^ ≤ ^3>4‘ dqg fgi I^{f ⋆} +ı, @ı ∗ vlq+5qτı, 5qτ 3 ⪰ ı ⪰ 4 dqg ˝hur rwkhuz lvh1 Wkhq dvq ↔ △ / dqg irudoo3 ⪰ ı ⪰ 4

I^{f ⋆} +ı, ↔ ı ≜ I^{f ⋆} +ı, ↔ I^f +ı, @ı dqg khqfh ♭^⋆_⌢↔ ♭ z khuh ♭ ⊃ Xqli rup +3>4,

x

P ro b.

0.0 0.2 0.4 0.6 0.8 1.0 0. 0

0. 2

0. 4

0. 6

0. 8

1. 0 F(x)=x-sin(2*n*pi*x)/(2*n*pi) as n -> 10

Qr wh= iruwkh sgi i^{f ⋆} +ı, @4∗ frv+5qτı, 3 ⪰ ı ⪰ 4 dqg wkhuh lv qr olp lwdv q ↔ △ 1

H[ DP SOH 7= Frqwlqxrxvudqgrp yduldeoh ♭ z lwk udqj h ^ ≤ ^3>4‘ dqg fgi

I^{f ⋆} +ı, @4∗ +4∗ ı,_⋆ 3 ⪰ ı ⪰ 4 dqg ˝hur rwkhuz lvh1 Wkhq dvq ↔ △ / dqg iruı ▽ U I^{f ⋆} +ı, ↔ ⟩ 3 ı ⪰ 3

4 ı A 3 / Wklvolp lwlqj irup lvqr wfrqwlqxrxvdwı @3/ dvı @3 lvqrwd srlqwri frqwlqxlw— / dqg wkhruglqdu— ghfflqlwlrq ri frqyhujhqfh lq glvwulexwlrq fdqqrweh dssolhg1 Krz hyhu/ lwlvfohduwkdwiruθA 3/ S ^⇕♭ ⇕⋆ θ‘ @4∗ +4∗ θ,_⋆ ↔ 4 dvq ↔ △ vr lwlvvwloofruuhfwwr vd—

♭^⋆_⌢↔ ♭ z khuh S ^♭ @3‘ @4 vr wkh olp lwlqj glvwulexwlrq lvghj hqhudwh dwı @31

x

P ro b.

0.0 0.2 0.4 0.6 0.8 1.0 0. 0

0. 2

0. 4

0. 6

0. 8

1. 0 F(x)=1-(1-x)^n as n -> 100

H[ DP SOH 8= Frqwlqxrxvudqgrp yduldeoh ♭ z lwk udqj h ^ ≤ +3>△ , dqg fgi I_{f ⋆} +ı, @ ] ı 4. ı ⌊_⋆ ı A 3 dqg ˝hur rwkhuz lvh1 Wkhq dvq ↔ △ / dqg iruı ∼ 3 I_{f ⋆} +ı, ↔ 3 Wkxvwkhuh lvqr olp lwlqj glvwulexwlr q1

x

P ro b.

0 2 4 6 8 10 0. 0

0. 2

0. 4

0. 6

0. 8

1. 0 F(x)=(x/(1+x))^n as n -> 20

Qrz ohwY_⋆ @♭_⋆ ∂q1 Wkhq Y ≤ +3>△ , dqg wkh fgi ri Y_⋆ lv I_{T⋆} +y, @S Ŷ_⋆ ⪰ y‘@S ^♭_⋆ ∂q ⪰ y‘@S ^♭_⋆ ⪰ qy‘@I_{f ⋆} +qy, @ ] qy 4. qy ⌊_⋆ y A 3 dqg dvq ↔ △ / irudooy A 3 I_{T⋆} +y, ↔ h^{∋ �⇀ϵ} ≜ I_{T⋆} +y, ↔ I_T +y, @h^{∋ �⇀ϵ} dqg wkh olp lwlqj glvwulexwlrq ri Y_⋆ grhvh–lvw1

H[ DP SOH 9= Frqwlqxrxvudqgrp yduldeoh ♭ z lwk udqj h ^ ≤ +3>△ , dqg fgi

I^{f ⋆} +ı, @ h–s+qı,

4. h–s+qı, ı ▽ U dqg ˝hur rwkhuz lvh1 Wkhq dvq ↔ △

I^{f ⋆} +ı, ↔ 3 ı ⋆ 3 4 5 ı @3

4 ı A 3 ı ▽ U

Wklv olp lwlqj irup lv qr wd fgi/ dv lwlv qrwuljkwfrqwlqxrxv dwı @31 Krz hyhu/ dv ı @3 lv qrw d srlqwri frqwlqxlw— / dqg wkh ruglqdu— ghfflqlwlrq ri frqyhujhqfh lq glvwulexwlrq fdqqrweh dssolhg1

Krz hyhu/ lwlvfohduwkdwiruθA 3/ S ^⇕♭ ⇕⋆ θ‘@ h–s+qθ,

4. h–s+qθ, ∗ h–s+∗ qθ, 4. h–s+∗ qθ, ↔ 4 dvq ↔ △ vr lwlvvwloofruuhfwwr vd—

♭^⋆_⌢↔ ♭ z khuh S ^♭ @3‘ @4 dqg wkh olp lwlqj glvwulexwlrq lvghj hqhudwh dwı @31

x

P ro b.

-4 -2 0 2 4 0. 0

0. 2

0. 4

0. 6

0. 8

1. 0 F(x)=(exp(nx)/(1+exp(nx)))^n as n -> 20