¨ 25� ´ , j , + ß W5, 5 f Vrp h uhylvlrq ri vhwwkhru— p dwhuldozlwk h–whqvlrqv¿p dwhuldoQRWH[ DP LQDEOH/ exwd uhp lqghu ri vrp h qrwdwlrq1 4/ Frqvlghuhyhqwv H dqg I lq vdp soh vsdfh fl1Vkrz wkdw +l, H ∨ ⊤≤ ⊤/ H ∧ ⊤≤ H +ll, H ∨ fl ≤ H/ H ∧ fl ≤ fl +lll, +H ∨ I ,^≺ ≤ H^≺ ∧ I^≺/ +H ∧ I ,^≺ ≤ H^≺ ∨ I^≺/ +ly, H ≥ I @⇔ H^≺ ⪯ I^≺ +y, H ≥ I @⇔ H ∨ I ≤ H>H ∧ I ≤ I Klqw=I ru wzr hyhqwv D/ E/ wr vkrz D ≤ E — rx p xvwvkrz wkdwϖ ▽ D ⇓ ⇔ ϖ ▽ E1

5/ Vxssrvh wkdwvdp soh vsdfh fl frp sulvhvd fflqlwh olvwri hohp hqwv/ wkdwlv/ fl @⟩ϖ_�>///>ϖ_ς|/ vd— 1 Krz p dq— glvwlqfwhyhqwvfdq eh ghfflqhg rq fl B

6/ D froohfwlrq ri vxevhwv/ D/ ri vdp soh vsdfh fl/ vd— D @⟩ D_�>D_2>///| lv d fdoohg d ϕ0doj heud +vljp d0 dojheud, li

+L, fl ▽ D +LL, D ▽ D @⇔ D^≺ ▽ D +LLL, D_�>D_2>///▽ D @⇔ ↑⋀ ζ’ � D_ζ ▽ D Frqvlghuvdp sohvsdfhfl1 Z kdwlvwkhvp doohvwϕ0doj heud ri vxevhwvri fl B+wkdwlv/ z kdwlvwkhvp doohvw vhwri vxevhwvri fl iruz klfk wkh wkuhh frqglwlrqvkrog B, Klqw=frqvlghu wkh wkuhh frqglwlrqv +L,/ +LL,/ +LLL, lq wxuq1

7/ +l, D frlq lvwrvvhg rqfh1 Z ulwh grz q wkh vdp soh vsdfh fl/ dqg fflqg ϕ0dojheud ri vxevhwvri fl1 +ll, Vxssrvh wkdwvdp soh vsdfh fl lvfrxqwdeoh1Vkrz wkdwwkh vhwri doovxevhwvri fl lvd ϕ0dojheud1

8/ +d, Frqvlghu d p hdvxuhp hqwh–shulp hqwz khuh vdp soh rxwfrp hv fdq wdnh dq— srvlwlyh uhdoydoxh/ vr wkdwfl ≤ U^n 1 Frqvlghu wkh hyhqwv ⟩ D_ς| ghfflqhg/ iru lqwhj hu n ∼ 4/ e— vd— lqj wkdwD_ς rffxuv li wkh p hdvxuhp hqwolhvlq wkh lqwhuydo+n ∗ 4>n‘%1 Yhuli— wkdw⟩ D_ς| irup v d sduwlwlrq ri fl/ dqg wkdwwkh vhwD z krvh hohp hqwv duh frxqwdeoh xqlrqv ri hohp hqwvri wkh vht xhqfh ⟩D_ς|/ soxv⊤/ lvd ϕ0dojheud1

+e, Frqvlghud p hdvxuhp hqwh–shulp hqwz khuhvdp sohrxwfrp hvfdq wdnhdq— uhdoydoxh/ vr wkdwfl @U1 Frqvlghuwkh froohfwlrq ri hyhqwv+lqwhuydov, ri wkh irup D_ζ @+∗ △ >d_ζ‘ z khuh d_ζ lvd uhdoqxp ehu1 +l, Vkrz wkdwdoouhdolqwhuydovri wkh irup d̂>e‘>+d>e‘>d̂>e,>+d>e, d>e ▽ U fdq eh h–suhvvhg dvxqlrqvdqg lqwhuvhfwlrqvri lqwhuydovri wkh irup ri D_ζ/ dqg wkhlufrp sohp hqwv +ll, Vkrz wkdwwkh vhwD z krvh hohp hqwv duh frxqwdeoh xqlrqv ru frxqwdeoh lqwhuvhfwlrqv ri lqwhuydov ri wkh irup ri D_ζ dqg wkhlufrp sohp hqwv/ soxv⊤/ lvd ϕ0doj heud1 P 5V4 H[ HUFLVHV3=sdjh 4 ri 4